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Ka,K MNOCTOAHHOMY ¥ 3aWMHTEPECOBAHHOMY YHUTATEIIO ((Ma.TeMa.TI/I‘{eCKOFO
IIPOCBEIIEHUA» MHE XOTeI0Ch OB 06paTuTh Balle BEHUMaHme Ha TO, ITO hOpMa
noadu MaTepualia B 3aMeTke «3anaqu [enbdanga u Kupumiosar («Marema-
TUIeCKoe poceemennes, Ne6, c. 136) me Bmonre ygaana. Beposarro, cregosano
6BI 60see ICHO CKA3aTh, ITO He BCE U3 YKA3AHHBIX 33,13 ABIAIOTCI OPUTTHATB-
HBIMU. BBUIY OTCYyTCTBHSA TAKOTO KOMMEHTAPHUA Y HEUCKYIIEHHOTO TATATE
MOXET, MHE KaXeTCsd, CO3aThCa BuedaTaerue, aro M. M. asasercs aBTopom
BCEX TPUBEJEHHBIX 331249 (KPOME NBYX TOCIefHNX ). BMmecTe ¢ Tem, nmepsas m3
HUX DOAPOOHO pasbupaeTcsa BO MHOrEX yueGHUKAX (cM. PUXTEHroIbll, TOM
11, wnu xaury Bypbaku «DyHKIun HedCTBUTEILHOrO IEPEMEHHOTO», TAe Ha,
c. 408 mpusenena KkpaTkas uCTOpUA BOMpoca). [1oM06HOE MOXHO CKa3aTh 7 O
BTODOH 3agate.

Mue xoTenoch OBl TaKXke COOOUUTHL PeIakiuu (a4 eCIu OHA COYTET DTO
1enecoo6Pa3HbIM, TO U IUTATENAM) ATHbTEPHATABHOE DEIIEHUE 330aTh O PAB-
HOMEepHOU cxonuMocTy psaga ¢ wieHamu /(1 4+2x™)" (cm. c. 142-145 Boimycka
6, pemenue 3agaqan 2.8).
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OT PEAKOJUIErUU. Baarogapum B. M. Makaposa 3a ero xpurudeckoe zaMeda-
HUE U TPUHOCUM U3BUHEHUA YUTATENAM 33 HEYIATHBIA BHIOOD HA3BAHUA IJA 3aMET-
KU 0 3ajJajax, mpemgrarasimmxcs crygearam M. M. lensdgangom u A. A. Kupumriosbiv.

K coxamnenuto, HecMOTPst Ha BCIO BaXKHOCTH BOIIPOCA ABTOPCTBA 334349 U TEOPEM,
MBI HE BCErJa UMeeM BO3MOXKHOCTH MPOBOIUTL HAMJICKAIINE U3BICKAHUA IJIA TOUHO-
ro pemierus >Toro Bonpoca. QCHOBHAs Ielb HAIIErO COOPHUKA — MOMYJIAPU3AIINS
WHTEPECHBIX MaTEeMATUIECKUX TEM, CIOXKETOB U 33,1a4.

IIpuBoagum mpucaanunoe b. M. MaxkapoBeiM perienue 3agayau 2.8.

MaTemaTuueckoe npocsewenne, cep. 3, soin. 7, 2003(182-185)



. 0 HaIIX HEJOCTATKAaX 183

I EEEE R

2.8. YCJIIOBUE. BbiacHATE, pABHOMEDHO a1 cXoAuTcA Ha oTpeske [0; 1] pax

n
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PEmEHUE. Tak xak (1 4+ z")" > En(n — Dz > %xQ" opz n > 1,
4
nz™
TpeGyeMBIN PE3yJAbTAT CIEAyeT U3 PABHOMEDHOU CXOAUMOCTHU PSAAA
1 1 1
s n _ s n
Zmln{x ,W}—Z;mm{n:ﬁ ’W}' (1)

n>1 n>1

TO JAHHBIA DAL MAaXOPUPYETCA PAAOM C wieHaMu min{z”, }+. IosTomy

[TockoambKy DTOT s PABHOMEDHO CXOAUTCA HA KaxaoMm mnpomexyTtke [0,¢]
npu ¢ < 1, HAM AOCTATOYHO AOKA3aTh €r0 PABHOMEPHYIO CXOAUMOCTH HA
npomexyTke A = [0.99, 1).
Cuurad, aTo £ € A, paccmorpuM ciaaraemble paga (1). Ilepseie m3 HEX
b b} b
1
O6yay<au paBHBIMUI o cHadaIa yOBIBAIOT, a 3aTeM Bo3pacTaioT. OCTalbHBIE

craraeMble paBHBL Z". UToOB gaTh Goaee (POpMATLHOE OMUCAHWE MTOBEICHIA
4IeHOB pAfa, BBegeM GyHKIWIO ¥ — @, (y) = y?z¥ npu y > 1. Ouesuano,
vz(y) = 0 mpu y — +o0. Kax gomy aucay z € A comocTaBuM ABa apamMeTpa:
s = s(x)ut =t(z). Yucao s — >T0 TO 3HAUEHUE Y, TA€ DYHKIMA ©; TOCTATALT
MaKCUMyMa, ¥ MEHAECT XapaKTeP MOHOTOHHOCTH. IMCIO { — DTO TO 3HAYMCHUE
y > 1, mocre koToporo mepsoe m3 wmcen z¥, 1/(y%xY) 6ymner merbme BTOpPOTO.
Jlerko mogcauTaTh, ITO

eVi=yz m t V=g (2)

Taxk xkak £ € A, To t > s > 100.
[Tokaxem Temepsb, 9T0 ocTaTOK psaga (1)

Sn(z) = Z min{wn, n21:1:"}

n>N

JOIyCKAeT PABHOMEPHYIO OneHKy. U3 (1) BuaHO, 9TO N-BbII wWIeH paga He mpe-
BocxoauT 1/n, m mosTOMY BCe caaraeMbie B ocTaTke Menbine 1/N.

B mopsinke ycaoXHEHUA OIEHKW PACCMOTPUM TPU CIYTasd:

Lt<N, ILs<N<t I NC<s.

“>u/20pu 0 < u < 1, MBI UMeeM:

N —N/t

_E: n z 2 1-N/t

SN(QI)— r < 1—:17_1—t71/t gmt .
n>N

I. Vicnonebays (2) u mepaBercTso 1 — e~
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Ecmz N < 2, To mpaBas acTh He npesocxoaut 2/Int < 2/Inv/N u, cremo-
parensno, Sy (z) < 4/InN. Ecam xe N > 12, o ona mempme 100'~VV | rax
kak t > 100. Takum o6pasom, B paccmarpuBaeMoM ciydae Sy(z) < 4/InN.
II. Temeps mas omenku Sy () BOCIOAB3yEMCS TEM, ITO BO3PACTAIOWAA HA,
npomexyTke [a,b + 1] dyakuus f ygoBreTBOpseT HepaBEHCTBY
b+1

S rm< [ ) dy.

a<n<b @

Kak mb1 ormedann, dyukuus 1/¢,(y) Bo3pacTaeT opuy > S, a BCe CIaraeMble
B ocrarke Mmenbuie 1/N. [lostomy (ganee [t| — umenas gacts aucaa t)

SvE) < Y. Sty +S (m)</m LR S
" N<n<[t] n'a" N RS N vz N Inff]

t
dy 5
< —,
\/s vl + InN (3)

Cpenas B mocieJHEM WHTErpaje 3aMeHy 7 = Y, MbI (yauThiBag, 910 & =t

u z7° = e?) nomyaum
t t
dy dz
=1 . 4
[ =mal [ 1% (@)

AcuMmnToTrKa CTOAIIErO CIpaBa WHTErPaTa HAXOAUTCA 0e3 Tpyaa, HO HAM
JOCTATOYHO COBCEM T'PyOOU OIECHKU:

t Vi t
dz dz dz t t
— = — + <Vt 5 <5
o2 In” 2 2 In“z \/zlnz In”+/t In“ ¢

Tak kak |Inz| = Int/t, To B7MecTe ¢ (4) »TO maeT HAM, 9TO
t
dy 5 5
<— < —.
/8 y2q;y Int ~InN
10
13 (3) m mocrenuero mepaBeHCTBA MBI moaydaem: Sy (1) < ——.

In N

$ = 2, MBI IMeeM

1 1 1 10 e? 10
— - < — — — <K .
Sn(z) > o T 541 (2) S > 22 i S ooon T iaw
N<n<[s]+1 n>N

III. Mcnoab3ys mpenuigyIini Pe3yIbLTAT U PABEHCTBO T~

Takum obpaszom, mpu F0CTATOIHO Ooabmux N BO BCEX CIyYasx CIPaBE.-
JIVBA, PABHOMEPHAA OLIEHKA,!

Sn(z) < % npu z € A.
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(B. M. Maxapos)



