Lecture 3. DIVERSIFYING MATHEMATICAL TEXTS

B sroit jeknun Mbl OyeM YYUTbHCA Pa3HOOOPa3UTh CTPOEHHE OTJIEIbHBIX (hpas ! IMo-
CTPOEHUsT MATEMAaTHIECKOI'O TEKCTa B IIEJIOM.

Ho cravasia HAroMHUM, 9TO MOPSAJIOK CJIOB W T'PYNI CJIOB BHYTPU aHIJVIMIICKON (Dpasbl
HAMHOT'O KOITe, YeM I10 pyccKu. THunmdHass aHrIniickas MareMaTndeckas ppasa cpeHeit
JUTMHBI BBICTPAUBAETCS TaK:

[opener,] [subject] [verb] [direct complement] [other complements].
Bot npumep:
[Therefore,] [the group Zg| [contains| [the subgroup Zs] [generated by the element 2].

B gacrHOCTH, B aHIVIMICKOM $I3BbIKEe KpaliHe He KeJlaTeJIbHO OTJIEJIATD IMOJJIeyKalllee OT
CKa3yeMOr'o WJIM MEHATH MX MecTaMu (YTO MO PYCCKH YacTO MOXKHO CJIEJIaTh), U OCOOEHHO
IJIOXO 3BYYUT OTJIeJIEHUE TIPSIMOTO JIOTIOJIHEHUS OT TJiaroJia. Tak, B peablIyIneM IpuMepe
KOHIIOBKa (ppas3bl B BHUJIE

(...) [contains] [the generated by the element 2] [subgroup Zs).

COBEPIIEHHO HEJIOIYCTUMa, & BOT [0 PYCCKU 3BYYUT HOPMAaJIbHO (B 9YeM YHUTATeIb MO-
KeT yOenThCs TIOCTOBHBIM OOpaTHBIM TIepeBojioM). BoT npyroii, wacto BeTpedarorumiics
B ILJIOXUX IIepeBOjax, IMpPUMep:

Consider now the variety V.
3/1echb J1J1sT HOpMAaJIbHOTO, aHTJIHICKOTO, 3By YaHUsl, HY?KHO [TIEPECTABUTD IT€PBBIE JIBa CJIOBA.
Bor erme ognna npumep:
The set {vy,...,v,} generates in the complex case the required subalgebra.

31ech BbIpazkenue in the complex case, OTaESIONIEE TJIATO OT €0 MPSIMOTO JOTTOTHEHN,
CTOUT HE HA MECTE — ero HY>KHO IIepeCTaBUTh B KOHEI[ (ppa3bl WU B caMoe ee HadaJIo.

[Iepeiiiem Teniepb K OCHOBHOII 11eJie 3TO# JIEKIIMH — HAYIUThCs PA3HOOOPA3UTh MaTeMa-
Trveckue TekcTbl. Havunem ¢ HeOosbIIIoro crncka Havyas ¢ppas, a 3aTeM puBeieM 00Ol
CIINCOK YaCTO BCTPEYAIOIINXCA MTAMIIOB, COOPAHHBIX B I'PYHIIaX B 3aBHCUMOCTHU OT UX Ce-
MaHTHYCCKUX IIeJIei.

Beoaubie BoipaxkeHusi (openers)

SO; THEN; HERE; HENCE; THEREFORE; WITHOUT LOSS OF GENERALITY, WE MAY
ASSUME THAT; IT FOLLOWS THAT; OBVIOUSLY; CLEARLY; IT IS EASY TO SHOW THAT;
IN THIS CASE; IN THIS SECTION; NOTE THAT; LET US NOTE THAT; FURTHER; IN VIEW
OF THE ABOVE; IN ADDITION; FIRST; SECONDLY; IN PARTICULAR, THUS; WE HAVE.

BBenenne obo3nadenwnii (notation)
DENOTE [0bj| BY [symbol|
LET US DENOTE |obj| BY [symb]|
BY [symbol| WE DENOTE [obj]
FOR |0bj| WE USE THE NOTATION [symb]|
[symb| STANDS FOR |object |



PopmynupoBka onpenesiennii (definitions)

[obj] 1S CALLED [mod uinu obj|.
[0bj| 1S CALLED [mod wiu obj| IF |claim].
[obj mmm symb| 1S DEFINED AS [obj].
LET US DEFINE |obj| AS |obj].
DEFINE |obj| AS [obj].
WE CALL |obj| [mod] 1F [claim].
[obj] 1S [mod nnm obj].
PopmynupoBka Teopem (theorems)

IF |claim|, THEN [claim].
SUPPOSE THAT |claim|; THEN [claim].
LET [claim|, LET [claim|, AND LET [claim|; THEN |claim].
IF |claim|, THEN [obj| POSSESSES THE FOLLOWING PROPERTIES:.

1° [claim];

2° [claim];

3° |claim].
[claim] IF AND ONLY IF |clatm]|. Wmm xopoue: [claim| IFF [claim].
[claim] A NECESSARY AND SUFFICIANT CONDITION FOR [obj] TO BE [obj umu mod].
FOR [claim| IT IS NECESSARY AND SUFFICIENT THAT |claim].

IF [claim| , THEN THE FOLLOWING CONDITIONS ARE EQUIVALENT: ||.
1° [claim];
2° [claim];
3° [claim].
HokazarenbcrBa (proofs)

WE HAVE |claim].

WE OBTAIN |[claim|.

IT FOLLOWS THAT |[claim].

BY ASSUMPTION, |claim].

USING |[ref], WE OBTAIN |claim].

SINCE [claim|, IT FOLLOWS THAT |claim].
[ref] IMPLIES THAT [claim].

IT REMAINS TO PROVE THAT |claim].
ALL THE ASSUMPTIONS OF [ref| HOLD.
IT IS READILY VERIFIED THAT [claim|.
THE PROOF IS BY INDUCTION ON [obj].
WE ARGUE BY CONTRADICTION.



ASSUME THE CONVERSE.
WE WILL CONSIDER SEVERAL CASES.
[ref| 1S PROVED.

THIS CONCLUDES THE PROOF OF |ref].
Q.E.D.

B 3akiioueHnn 9Toil JIEKIUK 51 IPUBE/LY caMble HauaJIbHble IPUHIUIBI UCIIOIb30BAHNST
APTHUKJIEH, OHU PUTOJSTCS CJYIIATENsIM CPa3y — JJIs BBIIOJIHEHUS JIOMAIIHEr0 3aJIaHusT
(eM.HMKE).

06 apTukagx

B anrnmiickoMm s3bIKe MMeeTcs mpu apTUKJIS eJUHCTBEHHOTO Yncia: THE, A U nycmot
apmuKAb, KOTOPBIA B TEKCTaX HE BUJEH (ITOM IyCTON CHMBOJI), & MbI OyJIeM HHOTIA 000-
3HAYATH 3HAYKOM [J. APpTHKJIb yKa3blBaeT K KAKOMY THITy OTHOCUTCS CJIE/IYIOIIee 3a HUM
CyIlleCTBUTEJIbHOE!

e THE — O3HAYaeT, UYTO €ro CYIIeCTBUTEIbHOE SBJISETCH paHee 3a(PUKCHPOBAHHBIM WJIN
OJ/THO3HAYHO OIpPeJIeTIEHHOM 3JIEMEHTOM MHOYKEeCTBA OOBEKTOB C TeM Ke Ha3BaHUEM;

e A — O3HaYaeT, YTO €ro CYIIECTBUTEJIbHOE dABJIdeTCs KAKHUM-TO 3JIEMEHTOM MHOXKECTBa
0OBEKTOB € TeM 2Ke Ha3BaHUEeM (M Mbl €r0 TYT Ke (DUKCUPYEM);

e [] - o3nadaer, 4TO “ero”’ CyIIeCTBUTEIbHOE HABJISIETCS €JIMHCTBEHHBIM 3JIEMEHTOM OJTHO-
9JIEMEHTHOTO MHOYKECTBA OOBbEKTOB C TAKUM HA3BAHUEM.

[To cMBICTy 9TO MOXKHO BBIPA3UTh TaK:
e THE 3HAYUT, 9TO ITO MOM CaMbITl WA eQUHCMEEHHBLT MaKol;
® A 3HAUUT, ITO ITO HEKOMOPHIL, 00UH U3 TAKHUX;
e [] 3HAYUT, UTO 3TO eJUHCMBEHHVIT 6 CB0EM POJe, YHUKYM.

Bor HEeCKOIBKO MIPpUMEPOB.

Let G be A nilpotent group. Let Z be THE infinite cyclic group with one generator.
Consider THE set H of all homomorphisms of THE group Z to THE group G. Let h be AN
element of H.

[J Grothendieck defined THE notion of [J scheme, which is now A fundamental concept
in [J algebraic geometry.

B kadectBe momarnnero 3ajaHusi CJIYIIATEIAM IPEJIArajioCh MEPEBECTH HA AHTJIHI-
CKUN SI3BIK CTPpaHUIYy TEKCTa KaCaloIlyIoCd HEIIPEPbIBHBIX OTO6pa}KeHHﬁ TOIIOJIOTNYIECKUX
npoctpancTtB w3 kKaurn B.A.Poxmura n J1.B.®@ykca Besedenue 6 Tonoaozuro, crp. 19-20
(KCepoKoIis TeKCTa pas3/iaBajiach).



